1.
Let Y a be an infinite series and s its nth partial sum. Let '-' n n {p } be a sequence of positive numbers such that due to Izumi and Izumi [ 2 ] , [ 3 ] , Kolhekar [4] and Leindler [5] .
Ht)
In our theorem we put X(t) = 1/t (log t) 1+C , x(*) = 1/* log t and P{t) = exp t (0 < 6 S 1) . Then we have
The other cases are similarly showed. Thus we see that our theorem is a generalization of Theorem A.
3.
We need the following lemma for the proof of our theorem.
LEMMA. Under the same assumptions as those of the theorem, we have
Proof. Let e > 0 . Then we obtain by an integration by parts 
4.
Proof of the theorem. Let t denote the Riesz means of the series n n a n
• Then we have, by (l.l), 
rhus, by J. and I-, we see that I i s f i n i t e .
Since P^X^ -P fe X fc+1 = -p^ * P fe AX fe , we have 
say. The finiteness of J is proved ty the same estimation as I
tecause we obtain
Next, we have,
say. Since {X,} i s decreasing, we have, by the lemma,
Thus, by «/ and </_ we see that <7 is finite. Therefore, by the above estimations, our theorem is completely proved.
5.
In this section we consider some applications of our theorem. then we have the following list: where s is a positive integer and p is a non-negative integer.
By Mohanty's lemma [7] , we see that cases (i), (iii) and (v) are also deduced from cases (ii), (iv) and (vi), respectively. The positive number e in L (n) or L (n) is indispensable from the theorems due to s s+p
Matsumoto [6] 
